ABSTRACT. The relationships between a convergence space and its star compactification is studied. Special attention is given to lifting properties of this compactification. In particular, it is shown that a natural extension of any continuous function to the respective compactification spaces is @-continuous.
properties, such as "open", "proper", and "perfect".
DECOMPOSITION SERIES.
The reader is asked to refer to [7] for convergence space notation and terminology not given here, as well as additional information about the star compactification. As in [7] , space will always mean convergence space, and the abbreviation "u.f." is often used for "ultrafilter". The separation axioms T I (singletons are closed), T 2 (convergent filters have unique limits), and T 3 (regular plus T 2) will be used, but no separation axioms are assumed unless such is explicitly stated.
Given a space X, let F(X) (resp. U(X)) be the set of all filters (resp., ultrafilters) on X. Let X' be the set of all non-convergent members of (X), and X* X U X'. If Let X be a space, F(X*), and X' Define^to be the filter on X generated by {A ! X A' E }. Let denote the identity embedding of X into whenever X is T 2. It is immediate from the construction that, for any noncompact space X, X*-X is a T 2 pretopological space; thus X* is pretopological whenever X is pretopological. The universal property of K* established in [II] will be obtained in Section 3 as a corollary of a much more general result.
A subset A of space X is bounded if each ultrafilter containing A is convergent. X is said to be locally bounded if each convergent filter contains a bounded set. X is essentiall7 bounded if 3 ( X' implies that the filters and ( X' : % 3 } contain disjoint sets. The next proposition is proved in [7] . PROPOSITION [14] , that D(X*) 2. The second inequality follows from the first and Theorem 2.9.
Statement (b) follows immediately from Proposition 2.12 and Theorem 2.4(b), [4] .
(c) If X is a topological G-space, then X is symmetric, and so D(X*) _< I by (b). If D(X*) _< I, then X is a compact T 2 topological space, and hence X* is regular. By Theorem 2.11, X is a G-space.
%D(X*) 0 iff X is a finite discrete space. If X is not a finite discrete space, we can replace "D(X*) _< l"by "D(X*) I" in (b) and (c) of Theorem 2.13.
3. R-SERIES.
In this section, we summarize some results on the R-serles of a space (originally studied in [13] and [14] ), obtain a few results on the R-serles of X*, Of course X will not in general be T 2 even when X is T 2.
A T 3 space Let oX denote the symmetric modification of X, i.e., the finest symmetric space coarser than X. The next proposition follows immediately from results of
[13] and [14] . On the other hand, let -+ x in X I. [9] .
A space X is defined to be completely regu.lar if it is a subspace of a symmetric compact space. It is shown in [9] that X is completely regular iff it is a symmetric space with the same ultrafilter convergence as a completely regular topological space. Let mX denote the finest completely regular space coarser than X A space X is defined to be 0-reular if --+ x implies claX --+ x. It is proved in [9] that X is m-regular iff X is a subspace of a compact regular space.
The m-regular spaces include the completely regular spaces and also the c-embedded spaces of Binz [I] . For any space X, let C(X) be the set of all continuous real-valued functions on X. A T 3 topological space X for which C(X) consists only of constant functions is an example of a regular space which is not m-regular; for this space, R(X)=0
and R(X*) >_ 2. An example of a regular space X for which R(X*) >_ PROOF. These statements follow immediately from Theorem 2.11, Proposition 2.12, and the characterization of w-regular spaces, obtained in [9] . THEOREM 3.8. Let X be a space. X* (a) X is regular iff X is a subspace of r I (b) X is e-regular iff X is a subspace of X* r (c) X is completely regular iff X is a subspace of X*.
Proof. Statement (a) follows immediately from Proposition 3.2. Statements (b) and (c) are proved in [9] . The proof of the next lemma is straightforward and will be omitted. cly f(A).
Further information about these properties may be found in [6] , [8] 
